Abstract. We generalize a result of F. Szigeti concerning the decomposition of Fredholm operators on Banach spaces.
Terminology and results
Throughout this paper let X denote an infinite-dimensional Banach space over K, where K = R or K = C. Let C(X) denote the Banach algebra of all bounded linear operators on X, and £(X) -1 the group of invertible operators in C(X). We write I for the identity on X.
For A € C(X) set
a(A) = dim N(A) and /3(A) = codim^l(X), where N(A) is the kernel and A(X) is the range of A. The operator A is called a Fredholm operator if both a(A) and (3(A) are finite. In this case the index ind (^4) of A is defined by ind (A) = a(A) -(3(A).
We denote by the set of all Fredholm operators on X. Observe that C(X)~l C It follows from [2, Satz 55.4 ] that if A e $(X), then A(X) is closed.
For k € Z let
It is well-known that is open and if C is a component of then C is contained in ^(-X") for some k € Z. 
The aim of this note is a generalization of Theorem 1.2 to a large class of Banach spaces, which include separable Hilbert spaces.
We say that the Banach space has property (*), if
The familiar Banach spaces, as l p , LP, (c), (CQ), C(K),... have property (*). But there are Banach spaces which have not property (*). For examples see [1] , [3] , and [4] .
Observe that if X has property (*), then X is isomorphic to X © K n for all n e N. (1) Ifk> 0 and j > 0, then
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(2) If k < 0 and j < 0, then
(4) Ifk< 0 and j > 0, then
A proof of the following characterization of Banach spaces with property (*) will be given in Section 2 of this paper. THEOREM 1.5. The following assertions are equivalent:
Proofs and corollaries
For the proofs of Theorem 1.3 and Theorem 1.5 we need some preparations. Proof. Since X is isomorphic to X©K n , there is a bounded linear bijection
Define the bounded linear mapping \I>2 : and CA,C 0 A 6 $j(X).
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